Askăseic Elleiptikÿn KampÔlwn

1 FullĹdio ParĹdosh Paraskeuă 12 MartÐou

1. JewroÔme tic epÐpedec algebrikèc kampÔlec pou dÐnontai apì tic parakĹtw exisÿseic: (aþ) y^2 = x^3 + 1. (bþ) y^3 + x^3 = 1.

(gþ) x^2y^2 + x^2 + y^2 = 0. (dþ) y^2 = x^6 − 1. (eþ) y^2 = x^5 − 1. (˚þ) y^3 = x^5 − 1.

(zþ) y^3 = (x^2 + 1)^2(x^3 − 1). (hþ) y^7 = x^2(x − 1). (jþ) y + x^3 + xy^3 = 0.

Na deiqteÐ ìti oi afinikèc kampÔlec (1aþ),(1bþ),(1dþ),(1eþ),(1˚þ) kai (1jþ), eÐnai omalèc. Na deiqteÐ ìti oi kampÔlec (1gþ),(1hþ) eÐnai idiìmorfec kai na brejoÔn ta shmeÐa sta opoÐa eÐnai idiìmorfec.

2. JewroÔme thn epÐpedh kampÔlh y^2 = x^3 + ax + b. Na apodeiqteÐ ìti eÐnai mh idiìmorfh an kai mìno an 3^3b^2 − 2^2a^3 ≠ 0. Sthn perÐptwsh pou eÐnai idiìmorfh na upologistoÔn ta idiìmorfa shmeÐa.

3. Se kĹje mÐa apì tic periptÿseic thc prÿthc Ĺskhshc na upologistoÔn omogenă poluÿnuma ta opoÐa na dÐnoun probolikèc kampÔlec twn opoÐwn o periorismìc sto afinikì epÐpedo z ≠ 0 na dÐnei tic arqikèc afinikèc kampÔlec. Na upologistoÔn oi tomèc twn kampÔlwn me thn ep’ Ĺpeiro eujeÐa z = 0.